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Abstract

Mutual-fund performance is traditionally measured by alpha from regressing fund
returns on benchmark-factor returns. This alpha captures the utility gain from adding
the fund to the benchmark-factor portfolio. However, if the benchmark portfolio has
short positions, this alpha is unachievable for shortsale-constrained investors. Theoret-
ically, we demonstrate that the utility gain of shortsale-constrained investors is instead
measured by achievable alpha, estimated using factors with strictly positive weight in
the shortsale-constrained portfolio. Empirically, and counterintuitively, mutual-fund
performance deteriorates when assessed using achievable alpha or value added: while
62.54% and 44.58% of funds have positive traditional alpha and value-added, only
37.27% and 18.38% have positive achievable alpha and value-added for a benchmark
containing eight Vanguard funds. Thus, the value of active fund management for
shortsale-constrained investors is substantially smaller than previously thought.
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1 Introduction

Traditionally, mutual-fund performance is evaluated by the alpha obtained from regressing
fund returns on benchmark-factor returns. The economic motivation for this metric stems
from Gibbons, Ross, and Shanken (1989), who show that a quadratic form of the alpha
measures the mean-variance utility improvement that an investor can achieve when she has
access to the fund, in addition to the benchmark factors. However, if the benchmark port-
folio includes short positions in some factors, then this alpha is unachievable for shortsale-
constrained investors. In practice, many mutual-fund investors face shortsale impediments.
For instance, most retail investors do not take short positions because of share-borrowing
costs, margin costs, or aversion to the risk associated with short positions.! Also, the man-
date of some pension funds precludes them from taking significant short positions directly
or indirectly.? Even pension funds whose mandate allows them to short tend to hold only
small short positions.?

In this paper, we propose a straightforward approach for evaluating mutual-fund
performance for a shortsale-constrained investor. Theoretically, we demonstrate that the
marginal utility improvement that a shortsale-constrained investor can achieve when she
has access to a mutual fund in addition to the benchmark factors can be measured by the
achievable alpha, which is the fund alpha with respect to only those benchmark factors
that have a strictly positive weight in the shortsale-constrained mean-variance portfolio.
Intuitively, one would expect the achievable alpha to be larger than its traditional counterpart
because excluding some factors should worsen the performance of the benchmark portfolio.
However, we show theoretically that the achievable alpha can be smaller than the traditional
alpha if the mutual fund has a strictly positive beta with respect to some of the benchmark

factors with zero weight in the shortsale-constrained mean-variance portfolio.

IFor instance, Kelley and Tetlock (2017, p. 805) analyze a dataset with 144 billion dollars of retail trades
and find that only 5.54% of the retail dollar volume corresponds to shortsales. Moreover, Gamble and Xu
(2017) show that only around 1.2% of the retail trades in their dataset are short sales.

2For instance, the state of Georgia precludes its public pension funds from investing more than 5% of
their assets in alternative investments such as hedge funds (Molk and Partnoy, 2019, p. 851).

3For example, (Molk and Partnoy, 2019, p. 853) explain that in a sample of private pension funds drawn
from Fortune 1000 companies, “only 6-8% of assets were invested in hedge funds and other assets that could
conceivably involve short selling activity.” Even hedge funds can face challenges when they short, including
“legal and at times physical threats,” as described by Aliaj, Agnew, and Wiggins (2024).



For our empirical analysis, we consider six prominent benchmark factor models: the
CAPM model of Sharpe (1964) and Lintner (1965), the four-factor model obtained by adding
momentum to the three factors of Fama and French (1993) as in Carhart (1997), FFC, the
five-factor model of Fama and French (2015), FF5, the six-factor model of Fama and French
(2018), FF6, the four-factor model of Hou, Xue, and Zhang (2015), HXZ, and the five-factor
model obtained by adding momentum to the four factors of Hou et al. (2015), HXZM. In
addition, we consider a factor model containing the returns of eight US domestic equity
Vanguard funds, VANG. Our motivation for considering this model arises from Berk and
Binsbergen (2015), who point out that the factors in prominent factor models do not account
for transaction costs and, thus, do not represent the best alternative investment opportunity
for mutual-fund investors. Consequently, they propose considering as a benchmark a set of
11 Vanguard funds that invest in domestic and foreign equities and are easily accessible to
investors. Of these funds, we consider a factor model containing the returns of the eight
funds that invest in only domestic equity.

We extend the argument of Berk and Binsbergen (2015) and point out that five of
the aforementioned models (FFC, FF5, FF6, HXZ, and HXZM) contain factors that are
the returns of long-short portfolios, and thus, they are not easily accessible to shortsale-
constrained investors. For instance, An, Huang, Lou, and Shi (2023, table 1) show that
long-short mutual funds represent only a very small fraction (below 3%) of the assets under
management in the mutual-fund industry. Moreover, they show that most mutual funds with
short positions use a degree of leverage that is much smaller than that employed by the long-
short factors in prominent asset-pricing models.* The limited shortselling of mutual funds
could be explained by the recent findings of Johansson, Sabbatucci, and Tamoni (2024), who
show that even without accounting for shorting fees, the short leg of factors such as the
investment and profitability factors of Fama and French (2015) are difficult to implement in
practice.” To address this concern, we consider versions of the five aforementioned models

using long-only versions of the factors in the original models.

4The long-short factors in factor models typically have the same aggregate position in their long and
short legs. In contrast, An et al. (2023, p. 2) show that only 8% of the mutual funds in their sample hold
any short positions, and only 3% of the funds hold short positions that aggregate to more than 20% of their
assets under management.

®Johansson et al. (2024) point out that the short leg of these factors includes stocks that “(i) display
extreme exposure to the underlying factor characteristic and (ii) are not traded in practice, as revealed by
fund holdings.” They also mention there is a scarcity of funds investing in “losers,” “weak profitability,” and
“aggressive” stocks required to replicate the academic factors.



Our main empirical finding is that mutual-fund performance measured in terms of the
achievable alpha of a shortsale-constrained investor with respect to the long-only versions
of the factor models is substantially worse than that measured in terms of traditional alpha
with respect to long-short factor models. For instance, while the proportion of mutual
funds with positive traditional alpha with respect to the long-short factor models ranges
from 51.21% for HXZ to 62.54% for VANG, the proportion of mutual funds with positive
achievable alpha with respect to the long-only models is only 11.81% for HXZ and 37.27% for
VANG. These striking results are robust to comparing mutual-fund performance in terms of
the value-added measure of Berk and Binsbergen (2015).% For instance, while the proportion
of mutual funds with positive traditional value-added with respect to the long-short factor
models ranges from 35.12% for HXZ to 44.58% for VANG, the proportion of mutual funds
with positive achievable value-added with respect to the long-only models is 8.90% for HXZ
and 18.38% for VANG.

The finding that mutual-fund performance deteriorates when evaluated using achiev-
able alpha is counterintuitive. Both dropping some factors and using long-only versions of
the remaining factors should worsen the performance of the benchmark portfolio, and thus,
one would expect the alpha of a mutual fund to be larger with respect to the diminished
benchmark. However, as mentioned above, we show theoretically that if a fund has posi-
tive beta with respect to some of the factors with zero weight in the shortsale-constrained
portfolio, then the achievable alpha can be smaller than the traditional alpha. The rationale
is that benchmark factors with zero-weight in the shortsale-constrained portfolio underper-
form relative to the other factors. If a mutual-fund fund has a positive beta with respect to
such underperforming factors, then an investor would optimally wish to short the underper-
forming factors to hedge the risk of the mutual fund, which would allow her to take a larger
position on the mutual fund. Empirically, we find that the long-only benchmark factors often
have a zero weight in the mean-variance portfolio, and mutual funds often have a positive
beta with respect to the zero-weight long-only factors. This implies that an unconstrained

investor would often wish to short some of the benchmark factors against a positive position

6Berk and Binsbergen (2015) explain the importance of measuring mutual-fund performance in terms of
value-added, defined as the average of the product between a fund’s gross abnormal returns and its assets
under management. Following their approach, we define achievable value-added as the average of the product
between achievable abnormal return and assets under management.



in the mutual fund. Thus, achievable alpha is often smaller than traditional alpha because
the shortsale constraints limit the position that investors can take in the mutual fund.

We also evaluate the performance of mutual funds for investors that can engage in
a limited amount of shortselling. First, we consider an investor who can short only the
market factor using, for instance, an inverse market ETF. We find that the availability of
inverse ETF's that allow investors to efficiently short the market may help to improve the
value of active funds for shortsale-constrained investors; however, even in this case, the
average achievable alpha is still substantially smaller than the average traditional alpha of
an unconstrained investor. Second, we consider the case of an investor who can short the
benchmark factors, but faces a leverage constraint. We find that the average achievable
alpha of a leverage-constrained investor remains substantially smaller than the traditional
alpha of an unconstrained investor even when we allow the investor to hold aggregate short
positions up to 40% of her aggregate long positions.

An important implication of our work is that the value of active fund management
for shortsale-constrained investors is significantly smaller than previously thought. Thus,
a second implication is that investment platforms with retail investor clients should report
mutual-fund performance not only in terms of the traditional alpha but also in terms of
achievable alpha that accounts for the shortsale impediments faced by the majority of retail
investors. Similarly, investment firms that manage the assets of pension funds that (by
mandate or strategy) abstain from shorting assets should report mutual-fund performance
in terms of achievable alpha or value-added to account for their client’s constraints.

There is an extensive literature that evaluates the performance of mutual funds using
the traditional alpha measure. This research typically shows that the average active fund
earns a negative alpha net of fees (Jensen, 1968; Elton, Gruber, and Blake, 1996; Ferreira,
Keswani, Miguel, and Ramos, 2013). However, several studies document the existence of
a subset of managers that outperform their benchmarks (Wermers, 2000; Barras, Scaillet,
and Wermers, 2010; Fama and French, 2010; Kacperczyk, Nieuwerburgh, and Veldkamp,
2014). Assuming there are diseconomies of scale in fund management, Berk and Green
(2004) explain that fund net alpha should be zero in equilibrium because investors allocate
capital to funds with positive net alpha until diseconomies of scale drive their net alpha to

zero. Thus, manager skill should be measured in terms of gross (instead of net) alpha.



More recently, Berk and Binsbergen (2015) propose using the value a mutual fund
extracts from capital markets as the appropriate measure of skill, and find that the average
value-added of a mutual fund is about $3.2 million per year. They also show that more than
40% of the funds generate a positive value-added. Barras, Gagliardini, and Scaillet (2022)
develop a flexible and bias-adjusted approach to examine value-added across individual funds.
Their study shows that the majority of funds generate a positive value-added, consistent with
theoretical models in which managers are skilled and able to extract economic rents from
capital markets.

We contribute to the literature on mutual-fund performance evaluation by showing
theoretically that a shortsale-constrained investor cannot achieve the utility improvement
represented by a fund’s alpha and value-added if the mean-variance portfolio of benchmark
factors contains short positions. We then show how to compute the achievable alpha and
value-added that measure the utility improvement that a shortsale-constrained investor can
achieve, and we find that the proportion of funds with positive gross alpha or value-added
is much smaller from the perspective of a shortsale-constrained investor.

The rest of the paper is organized as follows. In Section 2, we show theoretically how
to measure mutual-fund alpha in the presence of shortsale constraints. In Section 3, we first
describe our data and methodology for constructing multifactor benchmark portfolios and
then discuss our empirical results. Section 4 evaluates the performance of mutual funds for
investors that can engage in a limited amount of shortselling. Section 5 concludes. Proofs

of all our theoretical results are provided in the appendix.

2 Achievable Alpha: Theoretical Results

In this section, we provide our theoretical results that show that one can interpret the tradi-
tional and achievable mutual fund alphas as the marginal mean-variance utility improvement
in the absence and presence of shortsale constraints of an investor who has access to the fund
in addition to the benchmark factors. We also characterize the difference between the tradi-
tional and achievable alphas and the conditions under which achievable alpha will be smaller
than the traditional alpha. Table 1 summarizes our notation.

Mutual-fund performance is traditionally measured using the fund’s alpha (Jensen,

1968), defined as the intercept from regressing the fund’s returns on the returns of the



Table 1: Guide to notation

This table describes the notation we use in the paper to describe the excess returns of a mutual fund and
benchmark factors, the traditional and achievable alpha, and the slope coefficients (betas) obtained from
various regressions of excess returns. The first column of the table gives the symbol we use, and the second
column its definition.

Notation Definition

Ry excess return of mutual fund

Ry, excess return of benchmark factors

Ry, 4 excess return of benchmark factors with positive weight in the shortsale-
constrained mean-variance portfolio

Ryt excess return of benchmark factors with zero weight in the shortsale-

constrained mean-variance portfolio

ar traditional alpha, intercept from regressing R, on Ry,

ay achievable alpha, intercept from regressing R, on Ry, ;

Qo intercept from regressing Ry, on Ry, ;

B slope from regressing R on Ry

Ba slope from regressing R,,;, on Ry, ;

Br.+ slope coefficient on Ry, ; when regressing R,,;, on Ry, ; and Ry,
B0 slope coefficient on Ry, when regressing R, on R, ; and Ry,

benchmark factors. The use of the traditional alpha as a fund performance measure is
economically justified by the work of Gibbons et al. (1989), who show that a quadratic form
of the alpha equals the increase in the squared Sharpe ratio of a mean-variance investor that
has access to the fund in addition to the benchmark factors.

Berk and Binsbergen (2015) show that if markets are competitive and there are
diseconomies of scale in mutual-fund management, in equilibrium, a fund’s gross alpha should
be equal to its management fee, and thus, investors should be indifferent between investing
in the fund or not. In this context, it is useful to relate a fund’s alpha to the marginal (per
dollar) utility improvement that it can generate for an investor with access to the benchmark

factors. This interpretation is highlighted in the following well-known result.

Proposition 1 A fund’s traditional alpha, a7, defined as the intercept from regressing the

mutual fund’s returns Rz, on the benchmark factor returns Ry,
R i = ar + BrRys + vy, (1)
is the marginal mean-variance utility improvement of an unconstrained investor who has

access to the fund in addition to the benchmark factors.

The marginal utility improvement measured by the traditional alpha, as shown in

Proposition 1, can only be realized if the investor can invest in the optimal mean-variance



portfolio of the benchmark factors. However, this portfolio may require taking a short
position in some of the benchmark factors and many investors face shortsale impediments in
practice. The following proposition shows that the achievable alpha, defined as the intercept
from regressing the fund returns on the returns of those benchmark factors with a strictly
positive weight in the shortsale-constrained mean-variance portfolio, measures the marginal

utility improvement that a fund generates for a shortsale-constrained investor.

Proposition 2 Let the weights of the shortsale-constrained mean-variance portfolio of the
benchmark factors be wy = (wy, , wy, ), where wy, >0 and wy, = 0. Then, a fund’s achievable
alpha, a4, defined as the fund’s alpha with respect to the returns of the benchmark factors

with positive weight in the shortsale-constrained mean-variance portfolio, Ry, ;,

Ry = aa+ BaRy, ¢ + €y, 4, (2)

1s the marginal mean-variance utility improvement that a shortsale-constrained investor can

achieve by investing in the fund in addition to the benchmark factors.

The theoretical result in Proposition 2 is closely related to that of De Roon, Nijman,
and Werker (2001), who propose regression-based results for mean-variance spanning in the
case where investors face shortsale constraints and transaction costs.

Finally, the following proposition characterizes the difference between the traditional
and achievable alpha and establishes the conditions under which the achievable alpha is

smaller than the traditional alpha.

Proposition 3 Let R,, ; € R*+ denote the return of the benchmark factors with strictly
positive weight and Ry, , € R®° the return of the benchmark factors with zero weight in the
shortsale-constrained mean-variance portfolio. Regressing the mutual fund returns, Ry, on

the benchmark factor returns, we have that:
Rt = a7 + Br+Roy t + BroRet + €t (3)

where o s the traditional alpha, and regressing the zero-weight factor returns, Ry, ., on the

positive-weight factor returns, Ry, ., we have that:
Ryt = g4 + Bo+ Bt + €041 (4)
Then, the difference between the traditional and achievable alphas is
ar —ax = —Proqo+ (5)

8



Moreover, o+ < 0, and thus, the achievable alpha is smaller than the traditional alpha if the
fund has strictly positive exposure to at least one zero-weight factor and nonnegative exposure

to the rest.

Intuitively, one would expect that the achievable alpha is larger than the traditional
alpha because the achievable alpha is the abnormal return with respect to a subset of the fac-
tors used to compute the traditional alpha. However, the above proposition shows that if the
fund has a positive exposure to the factors for which the shortsale-constrained mean-variance
portfolio assigns a zero weight, then the achievable alpha will actually be smaller than the
traditional alpha. This is because shorting the zero-weight factors allows the investor to
hedge the risk of the mutual-fund returns. In the next section, we find empirically that
the achievable alpha is, on average, smaller than the traditional alpha because, on average,

mutual funds have positive exposure to the zero-weight benchmark factors.

3 Achievable and Traditional Empirical Performance

In this section, we present our empirical results. In Section 3.1, we describe the data we use
for our analysis. In Section 3.2, we analyze the characteristics of the mean-variance portfolios
for the different benchmark factor models. In Section 3.3, we examine the performance of

mutual funds in terms of achievable and traditional alpha and value-added.

3.1 Data

Table 2 lists the seven models we consider as benchmarks: the CAPM model of Sharpe
(1964), the four-factor model obtained by adding momentum to the three factors of Fama
and French (1993) as in Carhart (1997), FFC, the five-factor model of Fama and French
(2015), FF5, the six-factor model of Fama and French (2018), FF6, the four-factor model of
Hou et al. (2015), HXZ, a five-factor model with the Hou et al. (2015) factors plus momentum,
HXZM, and an eight-factor model based on the eight US domestic equity Vanguard funds
in Berk and Binsbergen (2015), VANG.” For models that contain long-short factors, we

7Of the 11 Vanguard funds Berk and Binsbergen (2015) consider for their benchmark model, we consider
a factor model that contains the returns of the eight funds that invest only in domestic equity. In particular,
we consider the following Vanguard funds: VFINX (large-cap blend), VEXMX (mid-cap blend), NAESX
(small-cap blend), VVIAX (large-cap value), VBINX (balanced), VIMSX (mid-cap blend), VISGX (small-
cap growth), VISVX (small-cap value).



Table 2: List of factor models considered

This table lists the factor models we consider. The first column gives the acronym of the model, the second
column the number of factors in the model (K), the third column the authors who proposed the model, and
the fourth column the date and journal of publication. The last column lists the acronyms of the factors
included in the model.

Acronym K Authors Date, Journal Factor acronyms

CAPM 1 Sharpe 1964, JF MKT

FFC 4  Carhart 1997, JF MKT, SMB, HML, UMD

FF5 5 Fama and French 2015, JFE MKT, SMB, HML, RMW, CMA

FF6 6 Fama and French 2018, JFE MKT, SMB, HML, RMW, CMA, UMD
HXZ 4  Hou, Xue, and Zhang 2015, RFS MKT, ROE, TA, ME

HXZM 5 Hou, Xue, and Zhang 2015, RFS MKT, ROE, TA, ME, UMD

VANG 8 Berk and Binsbergen 2015, JFE VFINX, VEXMX, NAESX, VVIAX,

VBINX, VIMSX, VISGX, VISVX

consider two versions, one with original long-short factors and the other with long-only
factors, constructed using only the long leg of the original factors.

We follow Barras et al. (2022) to construct a mutual-fund dataset from CRSP.® We
download the monthly net returns and expense ratios of open-end actively managed U.S.
equity funds to construct fund gross returns. In addition, we also download fund total net
assets from CRSP. Like Barras et al. (2022), we compute value-added in terms of January 1,

2000 dollars and consider a sample from January 1975 to December 2019.

3.2 Mean-Variance Portfolio of Benchmark Factors

In Section 2, we showed that the performance of a mutual fund for a shortsale-constrained
investor should be measured using the achievable alpha, defined as the alpha of the mutual
fund with respect to only those factors in the benchmark model that have a strictly positive
weight in the mean-variance portfolio. To see if shortsale constraints are important for
mutual-fund performance, we first compare the weights of the unconstrained and shortsale-
constrained mean-variance portfolios for each of the seven benchmark factor models. If the
unconstrained and shortsale-constrained portfolios are identical, then the traditional and
achievable alphas will coincide.

Figure 1 depicts the weights of the mean-variance portfolio of the factors for each of
the seven models listed in Table 2. Panels A and B of this figure depict the unconstrained

portfolio weights for models based on long-short and long-only factors, respectively. Panels C

8We thank Laurent Barras for his generous help in constructing this dataset.
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Figure 1: Mean-variance portfolio of benchmark factors

This figure depicts the weights of the mean-variance portfolio of the factors for each of the seven models
listed in Table 2. Panels A and B depict the unconstrained portfolio weights for models based on long-short
and long-only factors, respectively. Panels C and D depict the shortsale-constrained portfolio weights for
models based on long-short and long-only factors, respectively. We consider an investor with risk aversion
parameter v = 5 and construct shortsale-constrained mean-variance portfolios for our sample from January
1975 to December 2019.

Panel A: Unconstrained long-short factors Panel B: Unconstrained long-only factors
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and D depict the shortsale-constrained portfolio weights for models based on long-short and
long-only factors, respectively. We consider an investor with risk aversion parameter v = 5
and compute the unconstrained mean-variance portfolios for our sample from January 1975
to December 2019.

Panel A of Figure 1 shows that the unconstrained mean-variance portfolio weights
for the long-short version of the FFC, FF5, FF6, HXZ, and HXZM models do not include
substantially negative weights. In particular, the portfolio weights for the FFC, HXZ, and
HXZM models are all strictly positive, and those for the FF5 and FF6 models include a single
negative weight for the value factor (HML), which is also small in magnitude compared to the
other portfolio weights. In contrast, Panel B shows that the unconstrained mean-variance
portfolios for the long-only version of the factor models contain significant negative weights.
For instance, the portfolio weights for the MKT and SMB factors are negative for the FFC,
FF5, and FF6 models, and those for the MKT and ME factors are negative for the HXZ and
HMXZ models.

To understand the difference between the unconstrained mean-variance portfolio
weights of the long-short and long-only factor models, we report in Table 3 the time-series
correlation for the factors of the CAPM, FFC, FF5, FF6, HXZ, and HXZM models de-
scribed in Table 2. Panel A reports the correlation for the long-short factors considered in
the original version of these models, and Panel B for the long-only version of the factors. We
see from Panel A that the long-short factor correlations are generally small, which explains
why the mean-variance investor tends to assign a positive weight to each long-short factor.
In contrast, Panel B shows that the long-only factors tend to be positively correlated to
each other, and thus, the mean-variance investor goes long some factors and short others to
diversify the portfolio risk.” Note also that the original CAPM and VANG models contain
just long-only factors, so the portfolio weights in Panels A and B of Figure 1 are identical.

Panels C and D of Figure 1 depict the weights of the shortsale-constrained mean-
variance portfolio of the factors for each of the seven models listed in Table 2, with Panel C

showing the portfolio weights for models based on long-short factors and Panel D for models

9Green and Hollifield (1992) explain that the mean-variance portfolio weight is likely to contain substantial
long and short positions if asset returns are driven by a common factor. The long-only factors for each of
the six models are all likely to be exposed to the market factor, and thus, it is not surprising that the
unconstrained mean-variance portfolio of the long-only benchmark factors includes substantial negative and
positive weights.

12



Table 3: Factor correlations

This table reports time-series correlation for the factors of the CAPM, FFC, FF5, FF6, HXZ, and
HXZM models described in Table 2. Panel A reports the correlation for the long-short factors
considered in the original version of these models, and Panel B for the long-only version of the
factors. In both panels, we also include the market (MKT), which is a long-only factor.

SMB HML CMA RMW UMD ME IA ROE
Panel A: Long-short factor correlations
MKT 027 -0.29 -0.36 -0.27 -0.15 0.25 -0.34 -0.24
SMB -0.23 -0.10 -048 0.02 095 -0.19 -0.40
HML 0.67 0.27 -0.18 -0.07 0.70 -0.00
CMA 0.01 -0.01 -0.03 0.91 -0.09
RMW 0.10 -0.39 0.17 0.68
UMD 0.03 0.00 0.51
ME -0.08 -0.30
IA 0.08
Panel B: Long-only factor correlations
MKT 089 0.89 0.94 0.96 092 0.88 0.93 0.96
SMB 0.92 0.97 094 093 1.00 097 0.94
HML 0.95 093 085 091 094 0.89
CMA 095 092 096 0.99 0.95
RMW 093 093 095 0.98
UMD 092 0.92 0.96
ME 0.97 0.94
TIA 0.96

based on long-only factors. Comparing Panels A and C of Figure 1, we observe that the
shortsale-constrained mean-variance portfolio weights for the long-short factor models (FFC,
FF5, FF6, HXZ, and HXZM) are very similar to the unconstrained portfolio weights. This
is not surprising because Panel A shows that most of the unconstrained weights of these
portfolios are strictly positive. In contrast, comparing the unconstrained and shortsale-
constrained portfolios of long-only factors in Panels B and D of Figure 1, we note that the
shortsale-constrained portfolio weights are positive for only a few of the long-only factors
for each model. For instance, we see from Panel D that for FFC and FF6, only the HML
and MOM weights are positive; for FF5, only the HML and RMW weights are positive;
and for HXZ and HXZM, only the weight on ROE is positive. These results suggest that
the shortsale constraints are more binding for long-only factor models than long-short factor
models, and we may expect the difference between traditional and achievable alpha to be
more substantial for the long-only models.

As mentioned above, the CAPM and VANG models are originally composed of long-

only factors. Comparing the unconstrained (Panel A or B) and shortsale-constrained (Pan-
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Figure 2: Mean-variance utility of factor models

This figure depicts the mean-variance utility of the different factor models for four cases: (i) long-
short factors without shortsale constraints, (ii) long-only factors with shortsale constraints, (iii) long-
only factors without shortsale constraints, and (iv) long-short factors with shortsale constraints.
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els C or D) mean-variance portfolio weights of these models in Figure 1, we observe that,
as one would expect, the CAPM model is unaffected by shortsale constraints because the
investor optimally assigns a strictly positive weight to the MKT factor even in the absence
of shortsale constraints. However, the mean-variance portfolio of the VANG factor model
changes dramatically with the presence of shortsale constraints. While in the absence of
shortsale constraints (Panels A or B), the VANG portfolio contains substantial negative
weights in the VFINX and VEXMX funds and positive weights on five separate funds, in
the presence of shortsale constraints (Panels C or D), it contains a single positive weight on
the VBINX fund.

Figure 2 depicts the mean-variance utility of the different factor models for the follow-
ing four cases: (1) long-short factors without shortsale constraints; (2) long-only factors with
shortsale constraints; (3) long-only factors without shortsale constraints; and, (4) long-short
factors with shortsale constraints. The main observation from Figure 2 is that the mean-
variance utility of long-only factor models in the presence of shortsale constraints (blue bars)
is less than half that of long-short models in the absence of shortsale constraints (red bars)

for every model except CAPM.!°

0Fjgure 2 show that, while the performance of the CAPM is not affected by short-sale constraints, its
performance compares poorly to that of the other factor models—both in the absence and presence of
shortsale constraints—and so it is a weak benchmark.
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In other words, the mean-variance utility generated by the factor models is dramati-
cally reduced when we consider long-only factors and shortsale constraints, that is, from the
perspective of an investor who cannot short. However, applying either a long-only restriction
or short-sale constraints individually has a much smaller impact. Specifically, we observe
that for factor models incorporating long-short factors (FFC, FF5, FF6, HXZ, HXZM), the
mean-variance utility is similar with (purple bars) and without (red bars) short-sale con-
straints. Additionally, in the absence of short-sale constraints, the mean-variance utility of
the long-only versions (yellow bars) is only slightly lower than that of the long-short versions
(red bars) for the FFC, HXZ, and HXZM models, with a somewhat larger difference for the
FF5 and FF6 models.

3.3 Mutual-Fund Performance

In this section, we discuss mutual-fund performance in terms of alpha and value-added. We

also examine whether shortsale constraints change the rankings of funds.

3.3.1 Achievable alpha

Table 4 reports cross-sectional statistics for the traditional and achievable fund alphas with
respect to the seven factor models listed in Table 2. For each fund, we compute the traditional
alpha by regressing the fund returns on all factors for each model and the achievable alpha on
only those factors with a strictly positive weight in the shortsale-constrained mean-variance
portfolio. We report the average alpha across funds, its t-statistic, the time-weighted average
alpha (where the weight is proportional to the length of the sample period for which we
have return data for the fund), and its t-statistic. We also report percentiles of the cross-
sectional distribution of fund alpha and the percentage of funds with positive alpha and
t-statistic greater than two. Alphas are annualized and reported in percentage. Like Barras
et al. (2022), we winsorize observations that are more than five times the inter-decile range
(difference between the 90th and 10th percentiles) away from the median.

Table 4 contains four panels: Panel A reports the traditional alpha for the long-short
factor models, Panel B the achievable alpha for the long-only factor models, Panel C the
traditional alpha for the long-only factor models, and Panel D the achievable alpha for the
long-short factor models. Comparing Panels A and B of Table 4, we find that mutual-fund

performance measured in terms of the achievable alpha (of a shortsale-constrained investor)

15



Table 4: Traditional and achievable mutual-fund alphas

This table reports cross-sectional statistics for the traditional and achievable fund alphas with respect
to the seven factor models listed in Table 2. For each fund, we compute the traditional alpha by
regressing the fund returns on all factors for each model and the achievable alpha on only those
factors with a strictly positive weight in the shortsale-constrained mean-variance portfolio over the
sample period for which we have return data for the fund. We report the average alpha across
funds, its t-statistic, the time-weighted average alpha (where the weight is proportional to the
length of the sample period for which we have return data for the fund), and its t-statistic. We also
report percentiles of the cross-sectional distribution of fund alpha and the percentage of funds with
positive alpha and t-statistic greater than two. Alphas are annualized and reported in percentage.
Like Barras et al. (2022), we winsorize observations that are more than five times the inter-decile
range (difference between the 90th and 10th percentiles) away from the median.

CAPM FFC FF5 FF6 HXZ HXZM VANG
Panel A: Traditional alpha with respect to long-short factors

Average alpha 0.61 0.31 0.50 0.42 0.17 0.24 0.58
t-stat 11.68 6.86 8.67 795 3.01 4.66  11.99
Time-weighted average alpha 0.87 0.58 0.63 0.55 0.38 0.42 0.98
t-stat 428 420 4.12 4.11 3.78 3.94 4.30
10th percentile -2.23  -210 -245 -223 271 -2.50 -2.07
50th percentile 0.59 0.31 024  0.18 0.06 0.08 0.54
90th percentile 3.33 2.75 3.85 337 3.39 3.28 3.25
Percentage of funds with a > 0 62.76 57.37 53.92 54.05 51.21 51.77  62.54

Percentage of funds with t(a) >2 7.89 914 1276 11.12  8.62 948 1491

Panel B: Achievable alpha with respect to long-only factors

Average alpha 0.58 -1.79 -2.05 -2.34 -3.28 -3.29 -1.14
t-stat 11.18 -23.97 -30.61 -32.82 -44.38 -44.47 -16.73
Time-weighted average alpha 0.8 -1.17 -1.44 -1.71 -2.75 -2.75 -0.31
t-stat 427 427 -432 -433 -4.36 -4.36 -3.42
10th percentile -2.24 587  -540 -6.12 -7.15 -7.09 -4.57
50th percentile 0.57 -1.17 -156 -1.76 -2.67 -2.68  -0.91
90th percentile 3.30 1.78 1.09  0.99  0.26 0.25 2.25
Percentage of funds with a > 0 62.54 30.81 2232 20.85 11.81 1172 37.27

Percentage of funds with ¢(a) > 2 776 3.02 129 129  0.30 0.34 4.44

Panel C: Traditional alpha with respect to long-only factors

Average alpha — 0.18 0.34 0.11  -0.37 -0.37 —
t-stat - 3.86 653 229 -6.90 -7.27 -
Percentage of funds with a > 0 — 56.18 5246 51.29 43.45 4431 —
Percentage of funds with ¢(a) > 2 — 875 1034  7.84 487 4.96 -

Panel D: Achievable alpha with respect to long-short factors

Average 0.58 0.19 029  0.25 0.11 015 -1.14
t-stat 1118 4.04 441 443 201 2.86 -16.73
Percentage of funds with a > 0 62.54 55.73 49.96 50.60 50.78 50.91  37.27

Percentage of funds with ¢(a) > 2 776 819 13.66 10.52  8.15 8.84 4.44
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with respect to the long-only versions of the factor models is substantially worse than that
measured in terms of traditional alpha with respect to the long-short factor models. For
instance, while the proportion of mutual funds with positive traditional alpha with respect
to the long-short factor models ranges from 51.21% for HXZ to 62.54% for VANG, the
proportion of mutual funds with positive achievable alpha with respect to the long-only
models is 11.81% for HXZ and 37.27% for VANG.*!

To understand this dramatic decline in the performance of the cross-section of mutual
funds, we decompose our experiment into three steps. First, comparing Panels A and C
of Table 4, we find that shortsale constraints have only a small impact on mutual-fund
performance for investors who can hold the long-short version of the factors. In particular,
we find mutual-fund performance in terms of achievable and traditional alpha is similar for
factor models constructed using long-short factors. For instance, the proportion of funds
with positive achievable alpha with respect to the long-short HXZ and FFC models are
50.78% and 55.73%, whereas the proportion of funds with positive traditional alpha is only
slightly higher at 51.21% and 57.37%. The explanation for this is that, as shown in Panel A
of Figure 1, the mean-variance portfolios of the long-short factor models rarely contain any
significantly negative positions. This is because long-short factors are generally uncorrelated
to each other and have positive expected returns, so there is little reason to short them in a
mean-variance portfolio.

Second, comparing Panels A and D of Table 4, we find that considering long-only
benchmark factors while allowing the investor to short the long-only factors worsens mutual-
fund performance only modestly. For example, the proportion of funds with positive tradi-
tional alpha with respect to the long-only HXZ and FFC models are 43.45% and 56.18%,
whereas those with respect to the long-short HXZ and FFC models are 51.21% and 57.37%.

Third, considering jointly long-only benchmark factors and shortsale constraints leads
to a substantial deterioration of the performance of the cross-section of mutual funds. This
is because the mean-variance portfolio of the long-only factors contains substantial negative
positions on the factors, unlike that for the long-short factors, as shown in Panels A and B

of Figure 1. The explanation is that the long-only factors are highly correlated with each

1The CAPM is the only benchmark relative to which mutual-fund performance using the traditional
alpha is similar to that using the achievable alpha. However, as shown in Figure 2, the CAPM is a weak
benchmark compared to the other factor models.
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other and, thus, an unconstrained mean-variance investor would optimally short some of the

factors to manage the portfolio risk.

3.3.2 Achievable value-added

Berk and Binsbergen (2015) explain the importance of measuring mutual-fund performance
in terms of value-added, which they define as the average of the product between a fund’s
gross abnormal returns and its assets under management. Table 5 reports cross-sectional
statistics for the traditional and achievable fund value-added (in January 2000 million dollars)
with respect to the seven factor models listed in Table 2. For each fund, we compute
the traditional value-added as the average of the product of assets under management and
abnormal returns, obtained by regressing the fund returns on all factors in each model,
and the achievable value-added computed using the fund abnormal returns with respect to
only those factors with a strictly positive weight in the shortsale-constrained mean-variance
portfolio. We report the average value-added, its t-statistic, the time-weighted average value-
added (where the weight is proportional to the length of the sample period for which we have
return data for the fund), and its t-statistic. We also report percentiles of the cross-sectional
distribution of value-added and the percentage of funds with positive average value-added
and t-statistic greater than two. Value added is annualized.

Similar to Table 4 for traditional and achievable alphas, Table 5 contains four panels:
Panel A reports the average traditional value-added for the long-short factor models, Panel B
the average achievable value-added for the long-only factor models, Panel C the average
traditional value-added for the long-only factor models, and Panel D the average achievable
value-added for the long-short factor models. Table 5 shows that the main findings from
evaluating mutual-fund performance in terms of achievable alpha and achievable value-added
are similar. For instance, comparing Panels A and B in Table 5, we find that while the
proportion of mutual funds with positive traditional value-added with respect to the long-
short factor models ranges from 35.12% for HXZ to 44.58% for VANG, the proportion of
mutual funds with positive achievable value-added with respect to the long-only models is
8.90% for HXZ and 18.38% for VANG. Moreover, Table 5 confirms that, similar to the case
with achievable alpha in Table 4, while considering long-only factor models and achievable

value-added jointly has a substantially negative impact on the performance of mutual funds,
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Table 5: Traditional and achievable mutual-fund value-added

This table reports cross-sectional statistics for the traditional and achievable fund value-added (in
January 2000 million dollars) with respect to the seven factor models listed in Table 2. For each fund,
we compute the traditional value-added as the average of the product of assets under management
and abnormal returns, obtained by regressing the fund returns on all factors in each model, and the
achievable value-added computed using the fund abnormal returns with respect to only those factors
with a strictly positive weight in the shortsale-constrained mean-variance portfolio. We report the
average value-added, its t-statistic, the time-weighted average value-added (where the weight is
proportional to the length of the sample period for which we have return data for the fund), and
its t-statistic. We also report percentiles of the cross-sectional distribution of value-added and the
percentage of funds with positive average value-added and t-statistic greater than two. Value added
is annualized. Like Barras et al. (2022), we winsorize observations that are more than five times the
inter-decile range away from the median.

CAPM  FFC FF5 FF6 HXZ HXZM VANG

Panel A: Traditional value-added with respect to long-short factors

Average value-added -1.71  -0.46 0.01 -0.14 -1.57 -1.21 0.78
t-stat -4.85  -1.50 0.02 -040 -4.07 -3.44 2.36
Time-weighted average value-added -0.87 0.12 0.20 -0.04 -1.44 -1.00 1.95
t-stat -1.90  0.33 042 -0.09 -2.58 -2.14 3.34
10th percentile -13.92 -10.26 -11.93 -10.72 -14.16 -12.73  -8.67
50th percentile -0.81 -0.61 -0.58 -0.62 -0.92 -0.83  -0.30
90th percentile 8.15 7.57 1217 10.00  8.68 843 11.74

% of funds with average value-added > 0 3837 39.24 41.20 39.66 35.12 35.88  44.58

Panel B: Achievable value-added with respect to long-only factors

Average value-added -1.81  -9.56 -12.30 -12.81 -19.18 -19.11 -8.28
t-stat -5.06 -15.63 -19.45 -20.34 -23.52 -23.52 -18.16
Time-weighted average value-added -0.97 -10.67 -13.91 -14.90 -23.70 -23.64 -7.15
t-stat -2.05  -4.28 -433 -435 -4.37 -4.37  -4.23
10th percentile -14.09 -32.81 -36.95 -38.01 -51.04 -50.81 -27.62
50th percentile -0.83 -3.81 -5.11 -532 -7.73 -7.74 344
90th percentile 8.14  4.08 1.14 1.23  -0.28 -0.31 2.49

% of funds with average value-added > 0 38.13  20.13 14.30 14.22 8.90 8.90 18.38

Panel C: Traditional value-added with respect to long-only factors

Average value-added — -1.13 -048 -1.32  -4.01 -3.65 —
t-stat — -3.68 -1.26 -3.79 -11.34 -10.40 —
% of funds with average value-added > 0 — 36.78 37.81 3524 26.53  27.50 —

Panel D: Achievable value-added with respect to long-short factors
Average value-added -1.81 -0.74 -0.86 -0.99 -1.80 -1.51 -8.28
T-stat -5.06 -2.35 -1.78 -245 -4.71 -4.30  -18.16

% of funds with average value-added > 0 38.13 37.86 39.16 37.99 34.55 34.73  18.38
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considering long-only factor models or achievable alpha separately has only a moderately
negative effect.

Consistent with the findings of Berk and Binsbergen (2015), Panel A of Table 5 shows
that the average traditional value-added in the cross-section of mutual funds is generally
negative when computed with respect to conventional factor models, ranging from just 0.01
million dollars for the FF5 model to —1.71 million dollars for the CAPM model. However,
we also confirm the result of Berk and Binsbergen (2015) that the cross-sectional average
value-added is significantly positive with respect to the VANG model at 0.78 million dollars,
with a t-statistic of 2.36.12

In contrast to the findings in Panel A of Table 5 for traditional alpha, Panel B shows
that the cross-sectional average achievable value-added is significantly negative with respect
to every factor model, including VANG. For instance, the cross-sectional average achievable
value-added ranges from —1.81 million dollars for CAPM to —19.11 million dollars for HXZM.
For the VANG model, the cross-sectional average achievable value-added is —8.28 million

dollars, with a t-statistic of —18.16.

3.3.3 Rankings

In the previous sections, we have shown that, on average, mutual-fund performance deterio-
rates significantly for a shortsale-constrained investor. In this section, we examine whether
the relative performance of different mutual funds changes with shortsale constraints. To do
this, we compare the rankings of funds in terms of achievable versus traditional alphas and
value-added.

We measure the difference between the traditional and achievable rankings in terms of
their assignment of funds to deciles. Let T'= {1}, T5,..., Ty} and A = {A;, Ay, ..., Axy} be
the traditional and achievable mutual-fund rankings in terms of traditional and achievable
alpha (or value-added). We assign mutual funds to deciles based on their rankings in 7" and

A. The decile for the nth mutual fund in terms of the traditional and achievable rankings

12Note that we consider only funds investing in US equities, whereas Berk and Binsbergen (2015) consider
funds investing in all equities, that is, including international equities. As a result, the value-added they
estimate is slightly larger than our estimate. In table 3 of their internet appendix, they show that the
value-added decreases when considering funds investing in only US equities.
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can be computed as:

10-T,

(6)

i) = | L),

| et o= 1

where T}, and A,, are the traditional and achievable rankings of the nth mutual fund, N is
the total number of mutual funds, and [-] is the ceiling function.

To measure the difference between the deciles constructed according to the traditional
and achievable rankings, we count the number of mutual funds that are assigned to different
deciles in rankings 7" and A.

Diff = %g}jvawm £ dam)) (7
where §() is an indicator function equal to one if the condition is true and zero otherwise.
The value of “Diff” ranges between zero and one, with zero indicating that every mutual
fund is assigned to the same decile in both rankings and one indicating that every mutual
fund is assigned to a different decile in the two rankings.

Table 6 reports the difference between the rankings of mutual funds based on the
traditional and achievable alpha and value-added, measured using Diff as defined in Equa-
tion (7). Panel A reports the ranking difference in terms of traditional and achievable alphas,
and Panel B in terms of traditional and achievable value-added. Panels A and B show that
fund rankings change decile for more than 70% of the funds across every factor model except
CAPM. This demonstrates that relative mutual-fund performance is very different from the
perspective of a shortsale-constrained investor. This has implications for capital flows, which

have been shown to be driven by relative mutual-fund performance (Sirri and Tufano, 1998).

3.3.4 Discussion: Why is achievable performance worse?

Our results consistently show that the achievable alpha and value-added are smaller than
their traditional counterparts for the long-only version of the factor models. This is a coun-
terintuitive finding because we compute the achievable alphas by dropping those factors with
zero weight from the benchmark in the shortsale-constrained mean-variance portfolio, and
one would expect that dropping factors from the benchmark would lead to higher estimated
abnormal returns. However, Proposition 3 shows that if a fund has positive exposure to

the factors with a zero weight in the shortsale constrained mean-variance portfolio, then the
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Table 6: Difference between traditional and achievable rankings

This table reports the difference between the rankings of mutual funds based on the traditional
and achievable alpha and value-added with respect to the long-only version of the seven factor
models listed in Table 2. Panel A reports the ranking difference (“Diff”) in terms of traditional and
achievable alphas, and Panel B in terms of traditional and achievable value-added. For each factor
model, we report the measure Diff defined in Equation (7) in percentage.

CAPM FFC FF5 FF6 HXZ HXZM VANG

Panel A: Difference in rankings based on alpha
Diff (%) 3.19 7599 8280 81.29 83.66 83.15  73.02

Panel B: Difference in rankings based on value-added
Diff (%) 1.83 7722 8355 8223 8282 8297 7870

achievable alpha is smaller than the traditional alpha. In this section, we show that the
benchmark factors often have a zero weight in the mean-variance portfolio and that mutual
funds often have a positive exposure to the factors with zero weight in the mean-variance
portfolio.

Figure 3 depicts several statistics for the regression of fund returns on the returns
of the long-only benchmark factor models. Each panel reports the results for the long-only
version of the seven models in Table 2. For each factor in each panel, we report the proportion
of funds for which the factor has a zero weight in the shortsale-constrained mean-variance
portfolio of the benchmark factors for the sample period for which we have return data
for the fund (red bars). We also report the proportion of funds for which the loading on a
factor that the shortsale-constrained mean-variance portfolio assigns a zero weight is positive
(blue bars). The red bars show that, except for the CAPM, many factors often have a zero
weight in the mean-variance portfolio. For instance, for FFC, both MKT and SMB have
zero weight in the mean-variance portfolio for more than 50% of the mutual funds. Similarly,
for HXZM, we observe that MKT, ME, TA, and MOM have zero weight for almost 100% of
the funds. For VANG, we also observe that every factor except VBINX has zero weight in
the mean-variance portfolio for more than 50% of the mutual funds. In addition, the blue
bars show that many mutual funds have positive exposure to factors with zero weight in the
mean-variance portfolio. For instance, for FFC, FF5, and FF6, we observe that conditional
on the MKT and SMB factors having a zero weight in the mean-variance portfolio for the
sample period for which we have data for a fund, more than 70% of the funds have positive

exposure to MKT and SMB.
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Figure 3: Statistics from regression of fund returns on long-only factors

This figure depicts several statistics for the regression of fund returns on the returns of the long-only
benchmark factor models. Each panel reports the results for the long-only version of the seven models
in Table 2. For each factor in each panel, we report the proportion of funds for which the factor has
a zero weight in the shortsale-constrained mean-variance portfolio of the benchmark factors for the
sample period for which we have return data for the fund (red bars). We also report the proportion
of funds for which the loading on a factor that the shortsale-constrained mean-variance portfolio
assigns a zero weight is positive (blue bars). The legend for the figure is displayed in the first plot
(for CAPM).
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Figure 4 reports the contribution of the kth factor to the difference between the
traditional and achievable alphas averaged across all N funds. We compute the contribution

of each factor using the following expression based on Equation (5) of Proposition 3:

N N
Contribution of kth factor = Z”j}( Broro. k) = 2n=1 (—Bror00.+.k) (8)

Y et (=B7000.4) SN S (= Broko k)

where 37 and o are as defined in Proposition 3 and their kth elements are denoted as

Brok and ag 4 ;. Figure 4 shows that the market and size factors contribute most to the
difference between the traditional and achievable alphas. The intuition for this is that they
not only often have a zero weight in the mean-variance portfolio and the mutual funds have
a positive beta on them, but also that they have a large negative alpha with respect to the

other factors in the model. In particular, note that the factors with the largest contribution
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Figure 4: Contribution of each factor to alpha deterioration

This figure depicts the contribution of each factor to the difference between the traditional and
achievable alphas averaged across all funds using Equation (8). Each panel reports the results for
the long-only version of the seven models in Table 2.
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to the difference in traditional and achievable alpha are the MKT and SMB factors for the
FFC, FF5, and FF6 models, the MKT and ME for the HXZ and HXZM models, and the
VFINX (large-cap blend), VEXMX (mid-cap blend), NAESX (small-cap blend) factors for
the VANG model.

Taken together, Proposition 3 and Figures 3 and 4 explain why achievable alpha and

value-added tend to be smaller than their traditional counterparts in our sample.

4 Relaxing the Shortsale Constraints

In the previous sections, we evaluated the achievable alpha for an investor who cannot short

the benchmark factors. While such shortsale constraints represent a realistic scenario for
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most retail and institutional investors, such as certain pension funds, we now evaluate the
performance of mutual funds for investors that can engage in a limited amount of shortselling.
Section 4.1 considers the case of an investor who can short only the market factor using, for
instance, an inverse market ETF. Section 4.2 considers the case of an investor who can short

the benchmark factors but faces a leverage constraint.

4.1 Shorting the Market

Since 2006, investors can short the market by buying an inverse ETF. Although inverse
ETFs represent a minuscule fraction of the ETF industry,'? it is informative to evaluate the
performance of mutual funds for an investor who can short the market.

It is straightforward to extend Proposition 2 to show that the marginal utility im-
provement for an investor (who can short only the market) when she has access to a mutual
fund in addition to the benchmark factors is measured by the achievable alpha, defined as
the fund’s alpha with respect to the return of the market factor plus the returns of other
benchmark factors with positive weight in the investor’s mean-variance portfolio. Similarly,
the achievable value-added can be computed using the mutual fund’s abnormal returns with
respect to the market and other benchmark factors with positive weight in the investor’s
portfolio. For the VANG model, we allow the investor to assign a positive or negative weight
to VFINX, which is the Vanguard fund tracking the S&P500 index.

Panels A and B of Table 7 report the achievable alpha and value-added of an investor
with access to long-only benchmark factors and can short only the market. Consistent with
the results in Section 3.3, we find that the achievable alpha and value-added of this investor
are much smaller than the traditional alpha and value-added of an unconstrained investor
who has access to long-short benchmark factors, which we report in Panel A of Tables 4 and 5.
However, we also note that the percentage of funds with positive achievable alpha and value-
added increases substantially when the investor can short the market. For instance, when the
investor cannot short the market, the percentage of mutual funds with positive achievable
alpha with respect to the long-only version of the factor models ranges between 11.72% for
HXZM and 37.27% for VANG. In contrast, when the investor can short the market, we

have that the percentage of mutual funds with positive achievable alpha with respect to

13As of November 2024, the ETF database lists around 72 inverse ETFs with an aggregate AUM of only
around $8.4 billion; see https://etfdb.com/etfdb-category/inverse-equities/.
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Table 7: Fund performance for investors who can short the market

This table reports cross-sectional statistics for the achievable fund alpha and value-added with
respect to the long-only version of the seven factor models listed in Table 2 for investors who can
short the market. For each fund, Panels A and B report the achievable alpha and value-added
with respect to the market plus other benchmark factors with positive weight in the mean-variance
portfolio of an investor who can short only the market. We report the average alpha and value-added
across funds, their t-statistics, the time-weighted average achievable alpha and value-added, where
the weight is proportional to the length of the sample period for which we have return data for
the fund, and their t-statistics. We also report the percentiles of the cross-sectional distributions of
achievable fund alpha and value-added, the percentage of funds with positive achievable alpha and
value-added, and the percentage of funds with achievable alpha and value-added t-statistic greater
than two. Alphas are annualized and reported in percentage. Like Barras et al. (2022), we winsorize
observations that are more than five times the inter-decile range (difference between the 90th and
10th percentiles) away from the median.

CAPM  FFC FF5 FF6 HXZ HXZM VANG

Panel A: Achievable alpha with respect to long-only factors

Average alpha 0.61 -0.29 -0.39 -0.63 -1.20 -1.20 -0.58
t-stat 11.68 -5.14 -7.54 -11.00 -16.70 -16.72  -9.02
Time-weighted average alpha 087 0.06 -0.08 -0.29 -0.81 -0.81 0.07
t-stat 4.28 1.26  -1.71  -3.55 -4.16 -4.16 1.26
10th percentile -223  -331 -325 -393 -5.29 -5.28  -4.00
50th percentile 0.59 0.12  -0.18 -0.22 -0.56 -0.56 -0.23
90th percentile 3.33 243 222 2.11 2.19 2.19 2.56
Percentage of funds with a >0 62.76 52.18 46.59 44.94 40.41 40.28  46.19
Percentage of funds with ¢(a) >2 789 819 414 569 @ 5.82 5.95 6.16
Panel B: Achievable value-added with respect to long-only factors

Average value-added -1.71  -266 -3.83 -3.86 -7.65 -7.63 -5.80
t-stat -4.85 -7.56 -10.31 -10.52 -15.31 -15.30 -14.04

Time-weighted average value-added -0.87  -2.17 -3.82 -3.83 -8.22 -8.21 -4.73

t-stat -1.90 -3.43 -3.97 -3.99 -4.23 -4.23 -4.07
10th percentile -13.92 -16.17 -17.25 -18.20 -27.73 -27.55 -23.09
50th percentile -0.81 -1.14 -1.67 -1.63 -2.78 -2.76 -2.20
90th percentile 8.15 7.22 5.60 6.22 4.62 4.62 5.35
% funds with value-added>0 38.37 35.62 29.92 30.73 26.99 26.99 26.30

the long-only version of the models ranges between 40.28% for HXZM and 52.18% for FFC.
Similarly, when the investor cannot short the market, the percentage of mutual funds with
positive achievable value-added with respect to the long-only models ranges between 8.90%
for HXZM and 20.13% for FFC. In contrast, when the investor can short the market, the
percentage of mutual funds with positive achievable value-added with respect to the long-
only models ranges between 26.99% for HXZM and 35.62% for FFC. An implication of the

results in Table 7 is that even though inverse ETFs represent only a small fraction of the
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Table 8: Difference in fund rankings for investors who can short the market

This table reports the difference (“Diff”) between the rankings of mutual funds based on the tradi-
tional and achievable alpha and value-added with respect to the long-only version of the seven factor
models listed in Table 2 for investors who can short only the market. Panel A reports the ranking
difference in terms of traditional and achievable alphas, and Panel B in terms of traditional and
achievable value-added. For each factor model, we report the measure Diff defined in Equation (7)
in percentage.

CAPM FFC FF5 FF6 HXZ HXZM VANG

Panel A: Difference in rankings based on alpha
Diff (%) 0.00 68.28 75.00 78.58 8293 83.75 74.01

Panel B: Difference in rankings based on value-added
Diff (%) 0.00 61.03 71.39 72.31 75.53  76.42  78.45

ETF market, they have the potential to substantially improve the mean-variance efficiency
gains offered by active mutual funds to shortsale-constrained investors.

Table 8 reports the difference between the rankings of mutual funds based on the
traditional and achievable alpha and value-added with respect to the long-only version of
the factor models for investors who can short only the market. The table shows that while
the ability of investors to short the market can help them to benefit from investing in active
mutual funds, the relative ranking of mutual funds for such investors continues to be very
sensitive to the presence of shortsale constraints on the other benchmark factors. To see
this, note that Table 8 shows that the ranking of more than 60% of the funds changes by at

least one decile for every factor model except CAPM.

4.2 Leverage-Constrained Investors

We now consider the case of a mean-variance investor who can short the benchmark factors,
but faces a leverage constraint. Specifically, we consider an investor whose aggregate short
position has to be smaller than a fraction ¢ of her aggregate long position. The portfolio

selection problem of this investor can be formulated as:

max  MVU(wp, Wy) (9)
Wh,Wnf

s.t. wy + s — =0, (10)

Wpf + Vs — 1 =0, (11)

e+ v, < (5(6ng + vp), (12)

¢€7 wsa Vg, Vs Z 07 (13)
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where wy is the vector of benchmark factor weights, wy,s is the weight on the mutual fund, v,
and 1, are slack variables that measure the negative and positive positions of the benchmark
portfolio, v, and v, are slack variables that measure the negative and positive positions on
the mutual fund, e is the vector of ones, the constraint e, + v, < §(e' 1), + vy) requires
that the aggregate short position of the investor is smaller than a fraction ¢ of her aggregate
long position, and the investor’s mean-variance utility is

by Y w
M _ T T wy | 7 T T b b,mf b1 (14
VU(wb,wmf) [ Ky Eops } { Wit 9 [ Wy Wy } Zmf,b me Winf ( )

For a given wy,y, the optimal portfolio of the benchmark factors for the leverage-

constrained investor is given by the following portfolio selection problem:

MVU*(wyy) = max  MVU(wy, Wyy) (15)
Wy

st. w4+ Yy — =0,
wmf"‘VS_VE:Oa
ey + vy < 6(e" Uy + 1),

'QZ)(, 'QZ)S, Vp, Vs Z 07

where MVU*(w,,y) is the optimal mean-variance utility as a function of the weight on the
mutual fund w,,.

In the following proposition, we characterize the marginal mean-variance utility im-
provement that a leverage-constrained investor can achieve by investing in the fund in addi-

tion to the benchmark factors.

Proposition 4 Let the leverage-constrained mean-variance portfolio of the benchmark fac-
tors be wy, that is, let w; be the solution to Problem (15) for w,s = 0. Then, the marginal
mean-variance utility improvement that a leverage-constrained investor can achieve by in-

vesting in the fund in addition to the benchmark factors is the achievable alpha,
QA = Umf — Pysz,b U)Z - )‘: (20)

where fiys s the mean gross return of the fund, v is the investor’s relative risk aversion,
Ymf b 18 the covariance between the mutual fund return and the benchmark factor returns,
and X is the Lagrange multiplier for the constraint w,,; + vs — vy = 0 for problem (15) at the

mazximizer wy for the value of wyy = 0.
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Figure 5: Achievable alpha for leverage-constrained investors

This figure depicts the cross-sectional average achievable alpha for leverage-constrained investors,
computed using Proposition 4, for different values of the leverage parameter 9.
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Figure 5 depicts, using Proposition 4, for different values of the leverage parameter
0, the cross-sectional average achievable alpha for leverage-constrained investors. Figure 5
shows that the average achievable alpha of a leverage-constrained investor is substantially
smaller than the traditional alpha of an unconstrained investor. For instance, for the case
with relatively high leverage of § = 0.4, the average achievable alpha remains negative
for all factor models except CAPM. For the case with 6 = 1, for which the investor can
hold aggregate negative positions as large as her aggregate positive position, the average
achievable alpha remains negative for the HXZ and HXZM models but is positive for the

other models.

5 Conclusion

The traditional approach to evaluating mutual-fund performance is to compute the fund’s
alpha with respect to a set of benchmark factors. However, if the benchmark-factor port-
folio includes short positions in some factors, then this alpha is unachievable for shortsale-
constrained investors. We propose a simple approach to evaluate mutual-fund performance

for such investors.
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Theoretically, we show that the marginal-utility gain that a shortsale-constrained
investor can achieve when she has access to a mutual fund in addition to the benchmark
factors can be measured by the achievable alpha, which is the fund alpha with respect to
only those benchmark factors that have a strictly positive weight in the shortsale-constrained
mean-variance portfolio. Empirically, we find that mutual-fund performance substantially
deteriorates when assessed using achievable alpha or value added: while 62.54% and 44.58%
of funds have positive traditional alpha and value-added, only 37.27% and 18.38% have
positive achievable alpha and value-added for a benchmark containing eight Vanguard funds.

Intuitively, dropping some factors should worsen the performance of the benchmark
portfolio, and thus, one would expect the alpha of a mutual fund to be larger with respect
to the restricted benchmark. However, we show theoretically that if a fund has positive
exposure to some of the factors with a zero weight in the shortsale-constrained mean-variance
portfolio, then the achievable alpha can be smaller than the traditional alpha. Empirically
we find that this indeed is the case.

An important implication of our work is that the value of active fund management
for shortsale-constrained investors is substantially smaller than previously thought. Thus,
retail investment platforms and pension funds that (by mandate or strategy) abstain from
shorting assets should evaluate mutual-fund performance in terms of achievable alpha or

value-added to account for their client’s constraints.
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A Appendix: Proofs of Propositions

In this section, we provide the proof for each proposition in the main text.

A.1 Proof of Proposition 1

Let us define the return of a portfolio that combines the return from the mean-variance

portfolio combination of the benchmark factors and the return of the fund. This is,

Rp’t = w;rtht —+ U)mmef’t, (Al)

where R, is the K-dimensional vector of benchmark excess returns at time ¢ with mean
and covariance matrix X, wy is the portfolio of benchmark factors, R, is the before-fees
mutual-fund excess return at time ¢, and w,, is the weight on the fund. In addition, and

without loss of generality, the fund return is defined according to a linear factor model as

Rypi = ar + BRys + €py, (A2)

where €,; is a zero-mean random variable with standard deviation o.. Therefore, we can
redefine the portfolio return as
Rp,t = (wb + wmfﬁi)TRbi + Wit (O./T + Eb,t)- (A3)
—
=wy
Because R,; and (a7 + €,,) are uncorrelated, we can optimize w, and w,,s independently.

Accordingly, define the investor’s mean-variance utility as

E [@JRM + Wy (7 + 6b7t)] — %Var [@JRM + Wy (7 + eb7t)] , (A4)

where 7 is the investor’s risk aversion parameter. We now provide the derivative of the
investor’s mean-variance utility with respect to w:

OE [’LAU/JRb’t + wmf<OéT + Ebﬂg)} - %Var [’LAU/JRb,t + wmf(aT + eb,t)}
awmf

= a7 = Ywnso;,  (AD)
and evaluating the derivative at w,s = 0 gives a7, which completes the proof. U

A.2 Proof of Proposition 2

The investor’s mean-variance utility for any portfolio w is

,Y 2b+ Eb+,b0 2b+,mf
MVU(’LU) = [ NL ,ul—ly; ,U—,;f ]'LU — §QUT Ebo’bJr b, Ebo,mf Ww.
Yinfby Dmfbo  mf
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Once the investor has access to the fund, the portfolio wg = (w§+,w;‘0 = 0,wn,y = 0)
is no longer mean-variance efficient for her. Assuming the investor is currently holding
the shortsale-constrained mean-variance portfolio of the benchmark factors wg, she would
maximize the marginal improvement to her mean-variance utility by shifting her portfolio in
the direction of the gradient of her mean-variance utility evaluated at wy, that is, by shifting

her portfolio as follows:

w = wy + IV, ,MVU(wy), (A6)

where § is infinitesimally small and V,MVU(wy) is the gradient of the investor’s mean-

variance utility evaluated at wy. Moreover,

Mo, Yby Dby Dby ,mf Wy,
VoMVUW) = | g | =7 | Seon.  Sbo Stomf Wy, | - (A7)
oy Ymfor Dmfpo  mf Wnf

Therefore, the gradient evaluated at wy is

Mo, Zb+ Eb+,bo Zb+,mf "LUE,Z
vaVU(wo) = ,ubo - Ebo’bJr Ebo Zbo,mf O (A8)
| g Yfbe Dmfbo  mf 0

Moy — Y2, Wy,
= Moo — ’Vzbo,b+w;+ (Ag)
L Mg — Y2 b, W,

Note that w; = (wy, ,wy = 0) is the shortsale-constrained mean-variance portfolio
for the case where the investor does not have access to the fund. Thus, we must have that
Moy — 72wy, =0, iy — Y b, wy, <0, and wy, = %E;jum. Consequently

0

VoMVU(wo) = | ey — Yppp Wy, <0 | . (A10)
fimg = B,y Sp, Hio,

Furthermore, note that a4 = iy — Xpmsp +Zb_+1 i, is the alpha of the fund with respect to
the b, benchmark factors, which have a strictly positive weight in the shortsale-constrained
mean-variance portfolio. Therefore, for an investor with relative risk aversion 7, we have
that

0
VoMVU(wo) = | poy — 720 wpy, <0 | (A11)
aa
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Note that the gradient of the investor’s mean-variance utility with respect to wy, is zero,
which means she has no incentive to change her weight on the b, factors, the gradient of her
mean-variance utility with respect to the by factors is negative, which implies (because of
shortsale constraints) that she cannot reduce the weight on the by factors, and the gradient
of her mean-variance utility with respect to the weight on the fund is equal to the fund
alpha a 4. This shows that, to maximize the marginal improvement to her mean-variance
utility, the investor should increase her weight on the fund while keeping the weights on
the benchmark factors fixed at w; = (wj, ,wy = 0), and the marginal improvement to her

mean-variance utility per dollar invested in the fund would be o 4. 0

A.3 Proof of Proposition 3

First, without loss of generality, we define the factors that the shortsale-constrained mean-
variance portfolio assigns a weight of zero as in Equation (4). Second, we define the short-

sale-constrained mean-variance portfolio of all the K benchmark factors as

wy = S, [y + ), (A12)

where 1, > 0 € RE is the vector of Lagrange multipliers associated with the non-negativity

constraints. The partition covariance matrix ¥ is

Eb Zb b
Sy = [t e Al3
’ |i21—)|—+7b() Ebo ‘| , ( )

where 3, € R¥+*X+ is the covariance matrix for the factors Ry, ; for which the shortsale-
constrained mean-variance portfolio assigns a positive weight, 3, € Rf0*Ko ig the covariance
matrix for the factors Ry, for which the shortsale-constrained mean-variance portfolio as-
signs a zero weight, and ¥, 5, € RE+xKo i5 the covariance matrix between the R, .+ and

Ry, ¢ factors. The partitioned vector of means is

= | Mo+ Al4
= 1], (A1)

where ji,, € R+ is the vector of mean returns for the factors R .+ for which the shortsale-
constrained mean-variance portfolio assigns a positive weight and y, € RX° is the vector of
mean returns for the factors Ry, ; for which the shortsale-constrained mean-variance portfolio
assigns a zero weight. Using the definition for the partitioned inverse covariance matrix

D N D Y ) T W

21)—1: _ Q-1yT -1 -1 )
S Eb+,b02b+ S

(A15)
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where S = X, — EbTJ”bOE;:Eb . by» We can obtain the closed-form expression for the weights

assigned to the factors Ry, ;. This is

Wy, = S [féo _ zabozgjut :ZJ+,bOZ;jn+ + ng}. (A16)

g g

Q0,4+ 10

The first underbrace bracket comes from the fact that EblboEb_j = ¢ in Equation (4), and the
second underbrace bracket comes from the fact that n, = 0, which is the vector of Lagrange

multipliers associated to the factors with a positive weight. Thus, we have that

Wy, = S_l[a/o,_i_ + 7’/0] == 0, (Al?)

because wy, is the vector of weights for which the shortsale-constrained mean-variance port-

folio finds optimal to assign a zero weight. Pre-multiplying wy, with S, we have that

[, + 0] = 0, (A18)

which implies that oy = —1n9. Because 1y > 0 is the vector of Lagrange multipliers asso-
ciated with the non-negativity constraints of the factors for which the shortsale-constrained
mean-variance portfolio assigns a zero weight, we have that the vector of intercepts in Equa-
tion (4) are all negative.

In the second part of the proof, we show the mechanism behind the alpha decay
experienced when we replace the benchmark model without shortsale constraints with a
more parsimonious factor model that drops the factor for which the shortsale-constrained
mean-variance portfolio assigns a zero weight. To do that, we plug in the equation for the

traditional alpha, the expression for the factors Ry, ; in Equation (4). This yields:
ar = Ry — Br+Ro, o — Bro (o4 + Bor Ryt + €0,4.4) — €ny (A19)

Rearranging terms, we have

Ba
a7 = ﬁmf,t - (5T,+ + 5T,050,+) Rb+,3 —57,0040,+ - ﬂT,oEO,Jr,t — €byt, (A20)
CV.AIgb,t
Taking expectations, we obtain
a7 — Qg = —67—70050’+. (A21)
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A.4 Proof of Proposition 4

By the envelope theorem (Mas-Colell, Whinston, and Green, 1995, p. 965) we have that

AMVU* (W) OMVU(wy, Wyay)

- A
dwmf 6wmf 7

Wy (wmf)

where wy,(w,s) is the optimal leverage-constrained mean-variance portfolio of the benchmark
factors for a given weight on the mutual fund factor w,,s, and X is the Lagrange multiplier
for the constraint w,,s + v; — vy = 0 for the problem in (15) at the maximizer wy(wpy).

Moreover,

AMVU* (W) ~ OMVU(wy, Wy )
N 6wmf

N = i — A W — A,
dwmf Homf Y fbWp

W =0 Wy Wi =0

where the second equality follows by taking the partial derivative of the right-hand side of
Equation (14) with respect to wy,;. O
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Internet Appendix to

Rethinking Mutual Fund Performance:
From Traditional Alpha to Achievable Alpha



This Internet Appendix reports the following robustness checks and additional results: (i) eval-
uating achievable skill and scale and (ii) studying the explanation for the decay of achievable

alpha.

IA.1 Scale and Scalability

In the main body of the manuscript, we study two traditional performance measures—alpha
and value-added—that are commonly used to evaluate fund performance. However, it is also
informative to analyze the underlying skill of a fund and the scalability of its investment
strategy. Barras et al. (2022) define a fund’s alpha as a function of its skill and scalability.
Specifically, they define a fund’s gross alpha as

Omf = Qmf — bmf X TNAmf, (IAl)

where a,,y and b,,s are the skill and scale parameters for fund mf, and mmf is the average
total net assets (in year 2000 dollars) of fund mf. While a larger a,, indicates higher skill,
a larger b,,r implies lower scalability.

We now examine the skill and scalability parameters a,,; and b,,s for both the tra-
ditional and the achievable alphas. Table IA.1 reports cross-sectional statistics for these
parameters. Panel A shows that the average skill decreases when computed using the tra-
ditional alpha. We also observe that although the percentage of funds with positive skill
remains above 50% in all models, it is lower than the percentage derived from the traditional
alpha. Panel B shows that the scale parameter b increases substantially when estimated
from the achievable alpha. This increase in b suggests that the trading strategies of active
mutual funds are less scalable, and that their returns decline more steeply as their scale
grows. Overall, these findings indicate that accounting for shortsale constraints leads to a

deterioration in both skill and scalability.

IA.2 What explains the decay of achievable alpha?

To understand the mechanism of the deterioration in fund alpha when accounting for short-
sale constraints, we now run a cross-sectional regression analysis to understand the drivers
of alpha loss. In particular, for each fund mf and factor model f, we regress the relative
difference between the traditional and achievable alpha on the skill and scale parameters, the

fund’s average TNA, the fund’s R? from the traditional regression model, the fund’s average

Page 2 of Internet Appendix
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Table IA.1: Achievable skill and scalability

This table reports cross-sectional statistics for the traditional and achievable scale and scalability
parameters that define fund alpha in (IA1), with respect to the seven factor models listed in Table 2.
For each fund, we compute the traditional alpha by regressing the fund returns on all factors for
each model and the achievable alpha on only those factors with a strictly positive weight in the
shortsale-constrained mean-variance portfolio over the sample period for which we have return data
for the fund. We report the average scale and scalability parameters across funds, their t-statistic
(the time-weighted average scale and scalability parameters), where the weight is proportional to
the length of the sample period for which we have return data for the fund, and their t-statistic. We
also report percentiles of the cross-sectional distribution of fund scale and scalability parameters and
the percentage of funds with positive scale and scalability parameters and t-statistic greater than
two. Scale and scalability parameters are annualized and reported in percentage. Like Barras et al.
(2022), we winsorize observations that are more than five times the inter-decile range (difference
between the 90th and 10th percentiles) away from the median.

CAPM FFC FF5 FF6 HXZ HXZM VANG

Panel A: Skill
Panel A.1: Skill from traditional alpha

Average 4.37 2.60 2.73 2.56 291 2.74 2.79
T-stat 2r91 22,69 21.81 2147 21.94 21.68  21.67
10th percentile -239  -2.62 -269 -2.77 -3.01 -2.93 -3.20
50th percentile 3.29 2.19 2.02 1.95 2.17 2.10 2.40
90th percentile 11.96 8.58 9.37 8.89 9.90 9.28 9.23

Percentage funds a >0 80.80  75.17 7047 70.52 71.24  70.69  75.42

Panel A.2: Skill from achievable alpha

Average 4.33 2.38 2.42 1.51 1.27 1.23 2.92
T-stat 2712 1583 14.36 10.14 7.96 7.83  16.59
10th percentile -244 471 477 -541  -5.80 -5.82  -4.47
50th percentile 3.28 1.97 1.54 1.14 0.56 0.56 217
90th percentile 11.90 9.66 10.18 8.44 8.43 8.36 11.10

Percentage funds a >0 80.66 67.76 64.53 61.06 56.83 56.92  67.60

Panel B: Scale
Panel B.1: Scale from traditional alpha

Average 28.84 19.05 18.85 17.83 20.92 19.27 16.72
T-stat 15.75 13.86 13.21 13.44  14.54 13.91 12.01
10th percentile -8.25 -10.53 -12.84 -12.96 -10.36 -11.64 -13.46
50th percentile 6.43 4.03 3.41 3.31 4.25 3.96 3.95
90th percentile 102.05 72.14 7517 70.24  77.57 7293  68.76

Percentage funds b >0 80.90 7548 72.87 73.15 7539 7483  75.57

Panel B.2: Scale from achievable alpha

Average 2940 36.21 36.27 30.57 37.74 3752  34.12
T-stat 1575 16.21 16.02 14.68 1728  16.97 14.61
10th percentile -8.81 -10.86 -11.62 -13.26  -7.20 -7.25  -11.46
50th percentile 6.38 7.34 6.49 5.97 8.00 7.86 6.02
90th percentile 103.09 126.69 122.98 111.26 128.08 127.70 122.20

Percentage funds b >0 80.71  76.69 77.84 T76.05  78.90 78.66  78.71




flow, the theoretical alpha decay predicted by the theoretical result in Proposition 3, and the
fund’s return volatility. We also add model fixed effects, and we compute standard errors

clustered across funds. Our empirical model is

AT mf,f — XA mf,f 5 AT A 2
= Bo+ Biams f + Bobmp s+ B3 TNAR + Bs R
max(|ar,ms ¢, [Camsf]) ot it ™ mf.f

+ Bs Flows + Be Acvys ¢ + B FundVolyy + FEf + &4 5. (IA2)

In the denominator of the relative difference between the traditional and achievable alpha,
we take the maximum between the absolute value of the traditional and the achievable
alpha. This is to avoid extreme observations in those cases where the either traditional or
the achievable alpha is close to zero. We compute the traditional alpha from the standard
factor models that include long-short factors. Below, we provide a detailed description of

each explanatory variable.

1. Variables a,, ¢ and b,,s s are the fund’s skill and scale parameter introduced by Barras

et al. (2022) estimated under benchmark model f.

2. Variable TN A, is the fund’s total net assets average throughout the fund’s life, re-

ported in billions and in terms of 2000 dollars.

3. Variable Rilf’ s 1s the fund’s R-squared obtained from the model regressing fund mf
returns on the benchmark factors f. Amihud and Goyenko (2013) claim that a fund’s

R? is a measure of selectivity (or lack of), and it negatively predicts fund performance.

4. Variable Flow,, is the fund flow average throughout the fund’s life. We obtain the
fund’s flor at time ¢ as

TNAmfﬂg — TNAmfﬂg,l X (1 + Rmf,t)
TNApf—1

Flowy,, = (IA3)

where R, is the fund’s gross return at time ¢.

5. Variable Aoy, is the theoretical difference between the traditional and achievable

alpha introduced in equation (5) in Proposition 3.

6. Variable FundVol, is the fund’s standard deviation of returns, in percentage, com-
puted using the fund’s entire series of available returns. Jordan and Riley (2015) show

that a fund’s volatility negatively predicts fund performance.
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Table TA.2: Explaining alpha loss

This table reports slope coefficients and t-statistics (in brackets) for the cross-sectional regression
in (IA2). In particular, for each fund and factor model, we regress the relative difference between
the traditional and achievable alpha on the skill and scale parameters, the fund’s average TNA,
the fund’s R? from the traditional regression model, the fund’s average flow, the theoretical alpha
decay predicted by the theoretical result in Proposition 3, and the fund’s return volatility. Like
Barras et al. (2022), we winsorize observations that are more than five times the inter-decile range
(difference between the 90th and 10th percentiles) away from the median. The alphas are in the
left-hand-side of (IA2) are in percentage. The univariate regressions estimate the cross-sectional
model with only one variable at a time. We report the results for cross-sectional regression using
different left-hand-side variables: 1) the traditional alpha (a7), 2) the achievable alpha (a4), 3)
the difference between traditional and achievable alpha (v — a4), and 4) the relative difference
between traditional and achievable alpha.

AT —

T @A AT — A max(ja7 oAl

Variable Multiple Univariate Multiple Univariate Multiple Univariate Multiple Univariate

a 32.50 22.04 29.82 13.64 2.68 8.40 26.96 22.80
[20.22] [16.20] [ 20.11] [6.59] [ 7.49] [6.37] [10.07] [12.07]

b -1.75 -0.10 -1.61 -0.20 -0.14 0.10 -1.24 0.00
[ -14.75] [-1.00] [-14.55] [-1.22] [ -5.49] [ 0.87] [ -6.24] [ 0.00]

TNA 0.01 0.03 0.01 0.05 0.00 -0.02 0.01 -0.00
[ 5.76] [ 9.56] [ 5.76] [ 13.15] [ 0.62] [ -8.03] [ 1.49] [ -0.46]

R? -0.13 -0.33 -0.16 -0.40 0.02 0.07 0.85 0.73
[-2.95] [-6.38] [-3.59] [-5.15] [ 1.94] [ 1.43] [ 8.86] [ 7.50]

Flow 0.02 0.21 -0.01 -0.09 0.02 0.30 -0.83 -0.15
[ 0.20] [ 1.51] [ -0.06] [-0.52] [ 0.94] [ 1.89] [-3.34] [-0.51]

AaT 19.72 23.35 -79.83 -84.32 99.55 107.67 133.42 147.02
[ 8.12] [8.75] [-33.80] [-34.00] [128.61] [ 141.00] [ 16.48] [17.71]

Fund-vol -0.01 0.03 -0.03 -0.09 0.02 0.12 0.02 0.15
[-2.81] [5.44] [-845]  [-15.11] [19.55] [31.94]  [2.27] [18.23]

Model FE Yes Yes Yes Yes Yes Yes Yes Yes

Table TA.2 reports the results from the individual and multiple regression analysis. We see
that there are only three variables for which their slope coefficients in the regressions are
statistically significant. First, we observe that average TNA has a statistically significant
negative coefficient. This is because larger funds tend to have lower traditional alphas, and
as a result the difference between the traditional and achievable alpha is small too. Second,
the time-series R? has a statistically significant positive coefficient. Third, the fund’s market

beta has a statistically significant positive effect on the difference between traditional and

achievable alpha.
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